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The arcsine law for the number N>
n := n−1

∑n
k=1 1{Sk>0} of positive terms, as n→∞,

in an ordinary random walk (Sn)n≥0 states that n−1N>
n converges in distribution to a

beta law with density
sin(π ρ)

π

1

x1−ρ (1− x)ρ
1(0,1)(x),

also called generalized arcsine law with parameter ρ ∈ [0, 1] (the classic arcsine law if
ρ = 1/2) i� the Spitzer condition

lim
n→∞

1

n

n∑
k=1

P(Sn > 0) = ρ

holds. The purpose of this talk will be to discuss an extension of this result to the case
when the random walk is governed by a positive recurrent Markov chain (Mn)n≥0 on a
countable state space S, that is, for a Markov random walk (Mn, Sn)n≥0 with positive
recurrent discrete driving chain. We will further show a result concerning the equivalence
of the above Spitzer condition with the stronger variant

lim
n→∞

P(Sn > 0) = ρ

in the Markov-modulated context. For an ordinary random walk, this equivalence was
shown by Doney [3] for 0 < ρ < 1 and by Bertoin and Doney [2] for ρ ∈ {0, 1}.
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