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Proof of Theorem. Let R be a ring with property P. By Lemma 3
we can suppose the existence of divisors of zero. If R contains an ele-
ment of infinite order, then by Lemma 2 and 4 there exists a number
2 e for which 0CnRCR. But by Rt~ (aR)* and by property P, R is
cyclie.

If RE* is a torsion group, then a ring-theoretical direct decomposition
R=_2R, holds, where the ideal R, is generated by all elements of p-po-
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wer order of R. If E#R,, then R is a finite cyclic ring. Now let R be
& p-ring in which R’ is generated by all elements of order p of B. If R'-AR,
then B is eyclic or else of type p*™ because in both cases B’ is eyclic [2].
Finally we assume that R'=R. By the existence of divisors of zero, by
pR=0, by Lemma 1 and by property P the existence of a left-ideal I
of order p of R is mecessarily ensured. Now we show the impossibility
of O(R)>p® It is clear that Lr is a left-ideal in R (r ¢ R). If there exists
an element 0547 ¢ B for which Lrs40 and LALr=0 holds, then for the
left-ideal D= {L,Ir} it is R=D, . ¢., O(R)=p% But if LrCL for all
7 e R, the subring L is a two-sided ideal in R. Then R/L has the pro-
perty P and consequently has no proper left-ideals. By O(R)=p® we
can assume that E/L is a skew-field, and thus not a zero-ring, but has
the property P. By O(R/L)>p? and by Lemma 5 we have obtained
8 contradiction, which completes the JDroof.
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