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Integrability of (w,m)-subharmonic functions
on compact Hermitian manifolds

YUETONG FANG

Abstract. Let (X,w) be a compact Hermitian manifold of dimension n. We show

that all (w, m)-subharmonic functions are LP-integrable on X, for any p < —"—.

1. Introduction. Let {2 C C" be an open set and w a Hermitian (1, 1)-
form on 2. Let u be a real C? function on 2 such that the eigenvalues
A= (A1,...,An) of the complex Hessian matrix [u;;]1<i j<n, belong to the
closure of the cone

Ln={NeR": 8()\)>0,...,50(\) > 0},

where Si(A) denotes the kth elementary symmetric function of A:

Sk = D Ay A
0<j1<-<jr<n
Such a function is called m-subharmonic (m-sh). As shown by Blocki [B03],
the m-sh functions are the right class of admissible solutions to the complex
Hessian equations
(ddu)™ ANwW"™™ = fuw",

which are the generalization of the Poisson equations (m = 1) and the
Monge—-Ampére equations (m = n).

While all plurisubharmonic functions are locally LP-integrable for all
p > 1, this is not necessarily the case for m-sh functions. A typical ex-
ample is given by Blocki [B05, Section 1|: the m-subharmonic function

G(z) = —|z|>"2¥/™ is LP-integrable only when p < . Blocki conjec-
tured that all m-sh functions are locally LP-integrable for p < . This
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conjecture is partially confirmed in [DK14, |AC20|, where the former devel-
oped a useful tool to study the integrability of m-sh functions, known as
volume-capacity inequality

Vol(K) < C,, Cap?, (K, 12),

with K being a compact subset of (2, Cap,,(K, 2) denoting the Hessian
capacity, and p < .
On compact Hermitian manifolds (X, w), we consider the m-Hessian op-

erator

Hy,(u) = (w+ ddu)™ Aw™™ ™.

A C? function is called (w, m)-subharmonic with respect to w if Hy,(u) > 0 for
all k = 1,...,m. The study of m-Hessian equations on compact manifolds
(see for example [S18, [Z17, [KN16| [GL25, [KN26|) motivates the development
of potential theory for (w, m)-sh functions on Hermitian manifolds. The main
purpose of this note is to extend Dinew—Kolodziej’s integrability result to
Hermitian manifolds. We now present the precise statement.

MAIN THEOREM 1.1. Let (X,w) be a compact Hermitian manifold of

dimension n, equipped with a Hermitian form w. Fiz an integer 1 < m < n.
For any p < "~ we have SHp,(X,w) C LP(X,w").

When (X, w) is a Kéhler manifold, the theorem is proved in [LN15|, using
the volume-capacity inequality provided by Dinew and Kotodziej [DK14],
and the Chern—Levine—Nirenberg (CLN) inequality. The proof of the latter
inequality involves several integrations by parts, which are delicate in the
Hermitian setting due to the appearance of torsion terms. In our setting
when m < n, there is also a lack of positivity, since (w,m)-subharmonic
functions are not in general w-plurisubharmonic.

In this short note, we observe that in the volume-capacity estimate of
Dinew and Kotodziej the candidates defining the capacity can be taken to be
w-plurisubharmonic. This observation simplifies several potential estimates
that we carry out in Section [3] where we prove the main result. In Section [2]
we review the essential concepts and results required for the proof.

2. Preliminaries. Throughout this note, we denote by (X,w) a compact
Hermitian manifold of complex dimension n € N*, equipped with a Hermi-
tian metric w. We use the differential operators d = 9+, and d° = (0 — ),
so that dd° = 2i00.

We now recall the definition of (w,m)-subharmonic functions together
with related results for w-plurisubharmonic and (w,m)-subharmonic func-
tions.

2.1. (w,m)-subharmonic functions. Fix an integer 1 < m < n. Fix
an open set {2 in C". We follow the definition in [GN18].
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DEFINITION 2.1. A real (1,1)-form « on X is called m-positive with
respect to w if at all points in X,

FAF>0, VE=1,...,m.

DEFINITION 2.2. Given a Hermitian metric a on §2, a C?({2) function
w: 2 — R is called harmonic with respect to o if ddu A o™t = 0 at all
points in {2.

DEFINITION 2.3. A function u : 2 — {—oo} UR is subharmonic with
respect to w if

(a) w is upper semicontinuous and u € L} _(2);
(b) for every relatively compact open set D € 2 and every function h in
C°(D) that is harmonic with respect to w on D, the following implication

holds:
u<hondD =— u<hinD.

DEFINITION 2.4. A function ¢ : 2 — {—oc0} UR is quasi-subharmonic
with respect to « if locally ¢ = uw + p, where u is subharmonic with respect
to a and p is smooth.

A function ¢ is w-subharmonic with respect to o if p is quasi-subharmonic
with respect to o and (w + dd°p) A a1 > 0 in the sense of distributions.

The positive cone I, (a) associated with the metric « is defined by
{7 real (1,1)-form : FAarF >0 k=1,... ,m}.

It follows from Garding’s inequality [G59| that if vo, 71, .., Ym—1 € Im(@),
then
YA A - AYmo1 AT > 0.

Set @ =1 A+ Aym—1 Aa; it is a strictly positive (n — 1,n — 1)-form on (2.

DEFINITION 2.5. A function ¢ : 2 — {—oo} UR is called (w,m)-
subharmonic with respect to a if ¢ is w-subharmonic with respect to a in 2
for all & of the form &1 = v A+ Aym_1 A, where ¥1, ..., Ym_1 € ().

A function u : X — RU{—o0} is called (w, m)-subharmonic on X if u is
(w, m)-subharmonic on each local chart U of X.

The set of all locally integrable functions on U which are (w, m)-sh with
respect to v in U is denoted by SHa,m (U, w). We remark that w and « are
not necessarily the same.

However, in this paper, we focus on the set SH, (U, w). To simplify
the notations, we denote by SH,,(U,w) the set of all (w, m)-subharmonic
functions with respect to w in U. The set of all w-plurisubharmonic functions
on U is denoted by PSH(U,w) = SH(U,w).

For notational simplicity, we also denote w, := w + dd‘u.
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REMARK 2.6. By Garding’s inequality [G59], if v € C?(X), then u is
(w, m)-subharmonic with respect to w on X if and only if the associated
form w, belongs to the closure of I, (w).

The integration by parts formula is valid for C?(X) functions (by Stokes’
theorem). We can see that it still holds for bounded (w,m)-subharmonic
functions by [KN26, Proposition 3.20]. We will need the following proposi-
tion.

PROPOSITION 2.7 (Integration by parts). Let ¢, 1 € SHp(X,w)NC?(X).
Let T be a smooth (n —1,n — 1)-form. Then

| wddy AT = | pdd®p AT +2 | wdo Ad°T + | pdd°T.
X X X X
Proof. Observe that {, p0¢ A OT = | 0y A OT = 0 for the bidegree
reason. Hence,
\ wd®p ndT = — | @dip A d°T.
b'e X
It thus follows from Stokes’ theorem that
| ddoyy AT = | pdd(oT) = | pd(d°p AT + d°T)
X X
Y(ddoNT —d°p NdT + dp AN d°T + odd°T)

X
X
=\ vdd®o AT +2 | pdp A d°T + | 1ppdd°T. u
X X X
We now state the following important result for (w, m)-subharmonic func-
tions (see [KN16, Lemma 2.3|).

LEMMA 2.8. Letu € SHp(2,w)NC3(2) and T be a smooth (n—k,n—k)-
form with 1 <k <m — 1. Then
wh AT /W™ < Cpy gy Aw™F Jw,
where C, 1. 7| s a uniform constant depending only on n, k and the sup

norm of coefficients of T .

We remark that the assumption k& < m is crucial.
We conclude this subsection with an L!-compactness result (see [KN16,
Lemma 3.3]).

LEMMA 2.9. Let u € SHp(X,w) be normalized by supy u = 0. Then
there exists a uniform constant A > 0 depending only on X and w such that
S lujlw™ < A.

X
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2.2. The Cauchy—Schwarz inequality. Let h be a smooth real-valued
function and let u, v be Borel functions. Let T" be a positive current of bide-
gree (n — 2,n — 2). The following Cauchy—Schwarz inequality will be useful
(cf. [IN16, Proposition 1.4, [KN26, Lemma 2.3|).

LEMMA 2.10. There exists a uniform constant C' depending on w such
that

2
Huvdh/\dcw/\T’ §Cx\u|2dh/\dch/\w/\T§\v[2w2/\T.
X b X

Although the Cauchy—Schwarz inequality typically requires T to be pos-
itive, it still holds for 7' = 4™~1 Aw"™~™~! which is not necessarily positive,
where 7 is m-positive with respect to w (see [KN26, Lemma 2.4|).

2.3. Capacity. Let £ C X be a Borel subset.
DEFINITION 2.11. The (w, m)-capacity of E is defined by

Cap,, ,,(E) := sup {S wi AW o € SHp (X w), 0 < p < 1}.
E

It’s clear that the (w, m)-capacity is well defined for ¢ € C?(X). Thanks
to [KN26, Theorem 3.3], the Hessian operator for bounded (w,m)-subhar-
monic function is well defined, and so is the capacity.

Since we will need an upper bound for the capacity of the sublevel sets
{¢p < —t}, controlling the terms dy A d°wP when ¢ € SH,,(X,w) (which
arises from integration by parts) can be difficult. We therefore introduce the
following version of the Hessian capacity.

DEFINITION 2.12. We define

Cabun(B) i=sup {2 AW ™™ s € PSH(X,),0 < ¢ <1},
E

We observe that @I}wm(E) < Cap,, ,,,(E), since
PSH(X,w) = SHp(X,w) C SHpu(X,w).

3. Integrability of (w,m)-subharmonic functions on Hermitian
manifolds

PROPOSITION 3.1 (Volume-capacity estimate). For 1 < 1 < " there
exists a constant Cr such that for each Borel subset K of X,

V(K) < C-Cap, pm(K)7,

where V(K) = {, w™.



6 Y. Fang

Proof. The argument presented in [KN16, Proposition 3.6] is still valid
here, as we use the estimates for w-plurisubharmonic solutions to the Monge—
Ampére equations. For the sake of completeness, we provide a slightly dif-
ferent proof below.

We normalize the volume form so that S yw" = 1. We can assume that
V(K) > 0, otherwise the inequality to be proved is trivial. Fixing p > 1, we
solve the complex Monge-Ampére equation

(MA)  (w+ dd®u)” = afgw™, supu =0, where fx = (V(K) YP1g +1).
X

The existence of a > 0 and v € PSH(X,w) N L*> follows from [KN15]. We

next show how to control the constant @ > 0 uniformly. Observe first that

(w+ dd°u)"™ > aw™, hence the domination principle [GL23, Corollary 1.13]
gives a < 1. We also have

L= V() Pkl < I fxllp < IVE) P Lkcllp + (1l < 2.
It thus follows from [GL23| Theorem 2.1] that
U > —Cl,

where C7 > 1 is a uniform constant, independent of K. We also deduce from
Step 1 of [GL23, Theorem 2.1] that there exists a uniform constant Cy > 0,
independent of K, and a bounded w-psh function ¥, —1 < 4 < 0, such that

(w + dd“p)" > Cy ' frew™
We conclude from the domination principle |[GL23, Corollary 1.13] that
cy L<a.
On the other hand, the mixed Monge-Ampére inequality [N16] yields
qu AWM > am/nf}?/nwn.
For v = C’l_lu, we then have

Cap,, ,(K) > | (w +ddv)™ Aw"™™
K

> a™/ OV (K)o
> Cy "™ OrmV (K)
Hence, for every p > 1, there exists a constant C), > 0 such that
V(K) < Cp Cap, (K)o,
which completes the proof. m

LEMMA 3.2. Let ¢ be a bounded w-plurisubharmonic function satisfying
-1 < p <0, and ¥ be a bounded (w, m)-subharmonic function with respect
to w, normalized by supx ¥ = 0. Then there exists a uniform constant C' > 0,
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depending on w, n, m, such that
| [lwr Awm™™ < C.
X
We emphasize here that the constant C does not depend on the L*°-norm

of .
Proof. By approximation, we can also assume that ¢ and v are smooth.
We will prove the bound
| [fwh At < C
X

for all k € {1,...,m}, by induction on k. Here Cj are uniform constants
independent of ¥ and . We denote by D1, Do, . .. uniform positive constants.
We fix A such that

S lulw” <A for all u € SHy(X,w) N L®(X) with supu = 0.
X

X

We remark that there exists B > 0 such that

—Bw? <ddw < Bw? and —Buw?<dwAd‘w < Buw?.
Up to enlarging B, we can also assume that
(B) —BwFt! < dd®(w®) < BuFTY, V.

First we prove the bound for £k = 1. Using integration by parts (Proposi-
tion [2.7]), and the compactness result (Lemma , we obtain

| [lwp Aw™™ = § (=)™ + | (—)ddp A w™ !

X X X
<A+ |(—p)dd(p Aw™ )
X
= A+ | (—p)ddp nw"™
X

S( P)dp A dew ™+ | (—p)pddew L.
X

A basic computation gives
S(—cp) dds AW = S(—np)ww Awt 4 S pw'.
X X X

The assumption —1 < ¢ < 0 implies that S  pw™ < 0. Moreover, due to the
positivity of wy A w1 it follows that

S(—gp)w¢ Aw < S (sup ]g0|)w¢ Aw™t < S wy Aw™
X x X X
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Moreover,

Sww/\w Sw”—i—decww” !

X

< —

X
Vort

¥ dd°(w

Together with and the compactness result7 we thus obtain

| (—p)ddp A" <V + BA.
X
Furthermore, by the same computation as above,
(3.1) (—p)pddw" ! < B | (~p)(—¢)w" < BA.
X X

We need to obtain an upper bound for SX(—go)dw A dw™ L. After an ele-
mentary computation, Stokes’ theorem and m 3.1)) yield

V(—p)dyp ndw™ =\ pdp ndw™™ + | pddew™!

X X X
< {wdendw + BA.
X

The Cauchy—Schwarz inequality (Lemma [2.10) yields

_ S (=) do Adw" ™t = —(n—1) S (—)dp A dw A w2
X X

< Dy (}S{(—@b)d@/\ Ay /\wn_1>1/2 (}S{(—w)w")m

1/2
< D, AY? (S (—)de ANd°p A w”_l) .
X
We claim that

(3.2) do ANd°p <w+ 1dd°(p + 1)2.
Indeed, one has
w + %ddc(gp + 1)2 —dpNdp=w+ (¢+1)ddp = (¢ + 1w, — puw,

which is positive because of the w-plurisubharmonicity of ¢ and the assump-
tion —1 < p <0.
So we obtain

V (—p)dy A dow!

X < BA+ DlA(S (=) (w + Ldd°(p + 1)2) A wnq)l/?.
X
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To continue let

A()) = sup { S (—D)wy Aw™ 10 <u <1, uePSH(X,w) DCZ(X)}.
X

From all the above computations we obtain

| (—¥)wy Aw™™ < (A+V +3BA) + 2D, A2 A(g)' 2.
X

Taking the supremum over all such ¢ we arrive at
A(h) < (A+V 4 3BA) + 2K, AYV2A()V/?,

which implies that A(v) is uniformly bounded from above, independently
of 1. Thus, the bound holds for k = 1. Suppose now that for all j € N*
with 1 < j <k —1, and for all ¥y € SH,,(X,w) and ¢ € PSH(X,w) with
normalizing condition as above, the following inequality holds:

S W"W?p AW < Cy.
X

We need to infer the following inequality:

S W\wf, AR < Oy
X

Since

S llb]wf, AW F = S [|w A wﬁfl AwnF
X X
+ | [91(dd*e) nwih Aw T,

X

using the induction hypothesis, it is enough to estimate the second term.
Integration by parts (Proposition [2.7)) yields

(3.3)  \(=¥)(ddp) AwEt AW R = (—p) dd°(p AWk AWmTH)
X X
= S (—p)dd“y N wffl AwF
X
+2 | (—p)dy A do(Wh AW
X
+ [ (—p)wdd (Wh™ Aw" ).
X
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We now deal with the first term of (3.3). We first observe that

S(—(p)ddcw /\(,L)S’Z_1 AWk = S( ©)wy, /\wk LAwnk
X X

— S (—p)w A wé_l AWk
X

SS( @)ww/\wk LAawnFk

k—1 n—=k
o AN w

where the first inequality follows from the assumption that ¢ < 0, and that

wg_l Aw" R g positive since ¢ € PSH(X,w), while the second inequality

holds because of the normalization of ¢ and the positivity of w!;_l AWk,
Note that

S w A wi_l AWk = Za;w- S WL (ddCp)F =177 AWk,
X ,
For each term in the sum, integration by parts together with the bound on ¢
leads to
Sw/\wk LAw™™F < Ds.
X
Moreover, an elementary computation yields
(3.4)
k—1 —ky\ _ k—3 —k
dd“(wy Aw"™) = (k= 1)(k = 2)wg ° Adw A dw Aw"
+ (k — l)w(];_zddcw AWk
+2(k — 1)w§‘2 Adw A d°w™F + wf,_l A ddew™ ",
Thus, performing integration by parts, it follows from and the induction
hypothesis that

| ddcy A (WETT AW TR) = | pdd® (Wl AW TF)
X

X
< D3 S(_¢)(w£—l /\wn—k—l—l + wZ—Q A wn—k—l—?

X
+ w(l;f?; A wnfk+3)

< D3(Cy—1 + Cr—2 + Cj—3).
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We can also infer from (3.4)) and the induction hypothesis that the third
term of (3.3) is uniformly bounded:

(35) [ (—e)wdd (W™ Aw™ ™) < Dy [ (=) (wh! AW
X X
+ wZ—Q A wn—k+2 + w:;—?) A wn—k+3)

< Dy Sup |0|(Cr—1 + Cr—2 + Ci_3)

< Ds.
We now control the second term of (3.3]). Stokes’ theorem yields
S (—p)dyp A dc(wfz_l AW F) = S Pdo N dc(w:z_1 AW )
X X
+ | dpddo(WE AW,
X

where the second term is bounded by Ds, for the same reason as in (3.5).
Using the Cauchy—Schwarz inequality (Lemma [2.10]) for the first term, we
obtain

(3.6) = \(—v)dpnd(WE™ AW
X
< |§(=v)dp A (@wnT)|
X

B oA V2ee 2 1/2,
s(%)&(( $)dp Adp Aw A T) (}S{( Y AT)

where T' = (k — 1)w:2*2 AWk (n— k:)wf,*l A w" k=1 g positive. Applying

the induction hypothesis, the integral SX(—w)wz AT can be controlled by
(k - 1)Ck_2 + (n - k)Ck_l.

By the induction hypothesis, and applying (3.2) to (3.6, we arrive at

V(=)dp A do(wh Aw™F)
* < Dé/z((k‘ — 1)0};71 + (n — k)Ck,1)1/2

1/2
: (S (=) (w+ 3dd°(¢ +1)*) Aw A T)
X
1/2
< D7<S (=) (w + %ddc(go + 1)2) AwA T) )
X
To simplify the notation, we write

T1 = (k‘ - 1)(,057_2 A w”_k“‘l, T2 = (Tl - k:)wfz_l A w”_k,
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and

Ay = S(*¢)wu N1, Ay = S(*w)wu ATy, u=-——"—1
X X

Set vy = %, and vy := W. We remark that —1 < vy, vy < 0,
and that
wartop < (k= D+ dd(u + (k — 2)¢),
Wy, wy < kw +dd(u+ (k—1)p).
By the induction hypothesis, it follows that
A< (k=D k= 1) §(=)wi T A" < (k= 1Dk - 1) 0,
X
Ay <K — k) | (—)wl, Aw .
X
Set S(¢) = sup {{(—¢)wk Aw"™": -1 < v <0,v € PSH(X,w)}. From
the preceding computations, we conclude that

[ (—)wh Aw"™* < Dg + (DeS(1)'/2,
X

where Dg, Dg are independent of . Taking the supremum over all —1<p <0,
we obtain

S(¥) < Ds + (DoS(1))"/2,

which leads to a uniform upper bound for {, (—¢)wkAw" ™ for =1 < v < 0.

COROLLARY 3.3. There exists a constant C > 0 such that for all
Y € SHp(X,w) satisfying supy ¥ = —1 and for every t > 0 we have

Cap,, (¢ < —t) < C/t.
Proof. We fix p € PSH(X,w) satisfying —1 < ¢ < 0.
By Lemma we deduce that
| ()l Awmm <
(<=t
We also observe that
| (o rw™ > |l A,
(p<—1) (Y<—1)
and this completes the proof. m

Proof of the main theorem. Without loss of generality, we may assume
that supy ¢ = —1. Fix p < - and ¢ such that p < ¢ < -=-. A funda-
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mental calculation yields

“+oo
[ (—o)rarm = | Vol({(—g) > t}) dt
X 0
1 +o0
=|Vol(X)dt + | Vol({(—p)" > t})dt
0 1
+00
= S w" + S pVol({—p > s})sP ! ds.
X 1
It follows from the volume-capacity estimate (Proposition and Corol-
lary [3-3] that
+oo +00 o
[ pVol({—p > s})s? " ds < Cyp | " Cap,,({p < —s})7 ds
1 1

+oo
<Cpyq S sP~179 s < 400,
1
where C) , depends only on p,q. =

Acknowledgements. The author thanks her supervisor, Hoang-Chinh
Lu, for suggesting the problem, valuable discussions, and useful comments
that improved the presentation.

Funding. This research is part of a PhD program funded by the PhD
scholarship CSC-202308070110. This work is partially supported by the
projects Centre Henri Lebesgue ANR-11-LABX-0020-01 and PARAPLUI
ANR-20-CE40-0019.

References

[AC20] P. Ahag and R. Czyz, Poincaré- and Sobolev-type inequalities for complex m-
Hessian equations, Result. Math. 75 (2020), art. 63, 21 pp.

[BO5|  Z. Btocki, Weak solutions to the complex Hessian equation, Ann. Inst. Fourier
(Grenoble) 55 (2005), 1735-1756.

[DK14| S. Dinew and S. Kolodziej, A priori estimates for complex Hessian equations,
Anal. PDE 7 (2014), 227-244.

[G59] L. Garding, An inequality for hyperbolic polynomials, J. Math. Mech. 8 (1959),
957-965.

[GN18| D. Gu and N.-C. Nguyen, The Dirichlet problem for a complex Hessian equation
on compact Hermitian manifolds with boundary, Ann. Scuola Norm. Sup. Pisa Cl.
Sci. (5) 18 (2018), 1189-1248.

[GL23] V. Guedj and C. H. Lu, Quasi-plurisubharmonic envelopes 3: Solving Monge—
Ampeére equations on hermitian manifolds, J. Reine Angew. Math. 800 (2023),
259-298.


http://dx.doi.org/10.1007/s00025-020-01189-1
http://dx.doi.org/10.5802/aif.2137
http://dx.doi.org/10.2140/apde.2014.7.227
http://dx.doi.org/10.1512/iumj.1959.8.58061
http://dx.doi.org/10.2422/2036-2145.201606_013
http://dx.doi.org/10.1515/crelle-2023-0030

14

[GL23]

[KN15]

[KN16]
[KN26]
[LN15]
[N16]
[S18]

[Z17]

Y. Fang

V. Guedj and C. H. Lu, Degenerate complex Hessian equations on compact Her-
mitian manifolds, Pure Appl. Math. Quart. 21 (2025), 1171-1194.

S. Kolodziej and N.-C. Nguyen, Weak solutions to the complex Monge—Ampére
equation on Hermitian manifolds, in: Contemp. Math. 644, Amer. Math. Soc.,
2015, 141-158.

S. Kotodziej and N.-C. Nguyen, Weak solutions of complex Hessian equations on
compact Hermitian manifolds, Compos. Math. 152 (2016), 2221-2248.

S. Kotodziej and N.-C. Nguyen, Complexr Hessian measures with respect to a back-
ground Hermitian form, Anal. PDE 19 (2026), 107-166.

C. H. Lu and V.-D. Nguyen, Degenerate complex Hessian equations on compact
Kdhler manifolds, Indiana Univ. Math. J. 64 (2015), 1721-1745.

N.-C. Nguyen, The complex Monge—Ampére type equation on compact Hermitian
manifolds and applications, Adv. Math. 286 (2016), 240-285.

G. Székelyhidi, Fully non-linear elliptic equations on compact Hermitian mani-
folds, J. Differential Geom. 109 (2018), 337-378.

D. Zhang, Hessian equations on closed Hermitian manifolds, Pacific J. Math. 291
(2017), 485-510.

Yuetong Fang

LAREMA, SFR MATHSTIC
Université d’Angers, CNRS
49000 Angers, France

E-mail:

yuetong.fang@univ-angers.fr


http://dx.doi.org/10.4310/PAMQ.250116014513
http://dx.doi.org/10.1090/conm/644/12775
http://dx.doi.org/10.1112/S0010437X16007417
http://dx.doi.org/10.2140/apde.2026.19.107
http://dx.doi.org/10.1512/iumj.2015.64.5680
http://dx.doi.org/10.1016/j.aim.2015.09.009
http://dx.doi.org/10.4310/jdg/1527040875
http://dx.doi.org/10.2140/pjm.2017.291.485

	1. Introduction
	2. Preliminaries
	2.1. (ω,m)-subharmonic functions
	2.2. The Cauchy–Schwarz inequality
	2.3. Capacity

	3. Integrability of (ω,m)-subharmonic functions on Hermitian manifolds
	Acknowledgements
	Funding
	References

